In [4] the following theorem is announced. Given an elliptic curve E defined over a number field K, we say that E is t-deficient if the field we obtain by adjoining the é-division points of E has degree over K which is not divisible by e. Then we have THEOREM: Given K finite over Q and é&#x3E; 3 prime, there exists N(é, K) E R+ such that if E is an é-deficient elliptic curve over K and
The above theorem is a weak version of this conjecture. The techniques used in the proof are derived from ideas of Hellegouarch [3] and Demyanenko [l, 2] . Hellegouarch showed how to associate to points on modular curves points in other algebraic varieties. Demyanenko conceived of the idea of using height arguments to prove the boundedness conjecture. Also using height arguments, Manin [6] [7] has proved the following strong version of the boundedness conjecture for K = Q. Mazur What we do is to fix t and a and vary b. As seen in [4] We now examine the other terms in (7). Since le 2'i'2(ll-1)121 = 1 this may be ignored. The denominator 1-1 Î (1 -q ,)2 may be ignored since it will cancel in (6) .
We note that we may actually normalize t so that 0 THEOREM 1: Given K finite over Q there exists a constant C(K) &#x3E; 0 such that if E is an elliptic curve over K whose 4-division points generate an extension field whose degree over K is not divisible by 2 then the order of Etor(K) is less than C(K). THEOREM 2: Given K finite over Q there exists a constant C(K) &#x3E; 0 such that if E is an elliptic curve over K whose 9-division points generate an extension field whose degree over K is not divisible by 3, then the order of Etor(K) is less than C(K).
